Introduction.
In [8, Lemma 3 .15, page 152], Scott and Wall proved that if G = G 1 * C G 2 is a nontrivial free product with amalgamation group, then either gG 1 
is a subgroup of a conjugate of C, or i = 1 and g ∈ G 1 , so that gG 1 g −1 ∩G i = G 1 . In this paper we generalize such a result to groups acting on trees with inversions and then apply the result we obtain to a new class of groups called quasi-HNN groups, introduced in [2] . This paper is divided into five sections. In Section 2, we give basic definitions. In Section 3, we have notations related to groups acting on trees with inversions. In Section 4, we discuss the intersections of vertex stabilizers of groups acting on trees with inversions. In Section 5, we apply the results of Section 4 to a tree product of groups and of quasi-HNN groups.
Groups acting on graphs.
In this section, we begin by recalling some definitions taken from [3, 7] . First we give formal definitions related to groups acting on graphs with inversions. By a graph X we understand a pair of disjoint sets V (X) called the set of vertices and E(X) called the set of edges, with V (X) nonempty, equipped with two maps
, and E(X) → E(X), y → y, satisfying the conditions y = y and o(y) = t(y) for all y ∈ E(X). The case y = y is possible for some y ∈ E(X). For y ∈ E(X), o(y) and t(y) are called the ends of y and y is called the inverse of y. There are obvious definitions of trees, morphisms of graphs, and Aut(X), the set of all automorphisms of the graph X which is a group under the composition of morphisms. We say that a group G acts on a graph X if there is a group homomorphism φ : G → Aut(X). If x ∈ X (vertex or edge) and g ∈ G, we write g(x) for (φ(g))(x). Thus if g ∈ G and y ∈ E(X), then g(o(y)) = o(g(y)), g(t(y)) = t(g(y)), and g(y) = g(y). The case g(y) = y for some g ∈ G and y ∈ E(X) may occur. That is, G acts with inversions on X.
We have the following definitions related to the action of the group G on the graph X.
This set is called the orbit that contains x. 3. Notations. Let G be a group acting on a tree X with inversions, let T be a tree of representatives for the action of G on X, and let Y be a fundamental domain. We have the following notations.
(
That is, v and v * are in the same vertex orbit.
(2) For each edge y of Y , define the following:
. It is clear that φ y is an isomorphism and
4. On the intersection of vertex stabilizers of groups acting on trees with inversions. In this section, G will be a group acting on a tree X with inversions, T is a tree of representatives for the action of G on X, and Y is a fundamental domain. We have the following definition. 
If o(w) = t(w), then w is called a closed word of G of type v, v = o(w).
The following concepts are related to the word w defined above: (i) n is called the length of w and is denoted by |w| = n,
, is defined to be the element of G:
(iv) the inverse of w, denoted by w −1 , is defined to be the word of G: Therefore the only possibility that makes w 0 not reduced is L
..,n with the convention that 
Then it is clear that x 1 ,...,x n is the reduced path in X joining u and v and h ∈ G x i for i = 1,...,n. This implies that G u ∩ G v ≤ G x i for i = 1,...,n. This completes the proof.
We have the following corollaries of Theorem 4.3.
Corollary 4.4. For any edge
Corollary 4.5. Let u and v be two vertices of X and let x 1 ,...,x n be the reduced path in X joining u and v such that 
Corollary 4.9. For any edge y of Y , G (o(y)) * = G (t(y)) * , or G (o(y)) * ∩G (t(y)) * ≤ G m , where m is an edge in the reduced path in T joining (o(y))
* and (t(y)) * .
Applications.
In this section Theorem 4.3 and its corollaries are applied to a nontrivial tree product of groups introduced in [1] and of quasi-HNN groups introduced in [2] .
In
is a nontrivial tree product of the groups A i , i ∈ I, then there exists a tree X on which G acts without inversions such that any tree of representatives for the action of G on X equals the fundamental domain and for every vertex u of X and every edge x of X, G u is a conjugate of A i for some i in I and G x is a conjugate of U ik for some i, k in I.
In [6, Lemma 5.1], Mahmood and Khanfar showed that if G * is the quasi-HNN group Then by Theorem 4.3, the following two propositions hold. 
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